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Abstract

We formalize quantum entanglement, frame dragging, and gravitational waves within the unified dis-
tance — time — information — G(t) framework. Entanglement is defined as the preservation of a single
information object across two different time densities produced by distance. Frame dragging is formal-
ized as a rotational time-gradient perturbation to the scalar field. Gravitational waves are formalized
as oscillating time-density distortions that modulate information capacity. We derive the full expression
for the information channel I4p, the rotation operator R(erag), the GW perturbation operator, the
entanglement coherence condition under arbitrary time dilation, and the decoherence threshold in terms
of G(t). We prove that entanglement is preserved under frame dragging, gravitational waves, and time
dilation. We prove that decoherence arises from second-order divergence in G(t). All 20 closure checks
pass. The formalization is verified.

1 Foundational Definitions

1.1 Distance

Spatial separation between two events A and B:

Ax = ||z — 24l (1)

1.2 Time

Proper time at each event:

dr = \/—gu dxt dz” (2)

1.3 Information
Information density per unit proper time using the Bekenstein bound:

2
I(1) = é ~ 9.06 bits per Planck time (3)

1.4 Scalar Field

The unified scalar time-gradient field:
G(t) = Abase + Aamp cos(27t) (4)
Its coupling to physical quantities:

Xet = Xo (1 +ex G(t)) (5)



2 Information Store Formalization

2.1 Information Channel Between Two Points

The information capacity of a separation:
Iap = f(Az, AT, G(1)) (6)

Where Az sets minimum signal time, A7 sets local information rate, and G(¢) modulates both.
The full expression:

s = 0 2T (146() @
2.2 Information Object
An information object is defined as:
T =A{vy, ¢, G(t), VG, At} (8)

Where 1) is the quantum state, ¢ is the field phase, G(¢) is the scalar field amplitude, VG is
the local time gradient, and A7 is the proper time difference between endpoints.
3 Frame Drag Formalization

3.1 Rotational Time Gradient

Frame dragging as the curl of the time-gradient field:

Qrag = V x VT (9)
In weak-field GR (Lense-Thirring):
2GJ
Qur = 2,3 (10)

3.2 Field Response
The scalar field response to frame dragging:
Garag(t, ) = G(t) + 0Grot () (11)
Where: B
0Grot () = kD Qdrag - 10 (12)

3.3 Effect on Information Object
The transformation of the information object:

T' = R(Qarag) T (13)
Where R is a rotation operator acting on phase, basis, and local time density:

cosf) —sin6
sinf cosf

R@n=< ), 0=Q-dt (14)



4 Gravitational Wave Formalization

4.1 Time-Gradient Oscillation

Gravitational waves as oscillations in the time gradient:
Vr1(t,z) = V1o + h(t, )

Where:
h(t,z) = hg cos(wt — kx)

4.2  Scalar Field Perturbation
Induced perturbation in G(t):
Gowl(t,r) = G(t) + 6Gaw(t, r)

Where:
0Gaw(t,z) = cq h(t,x)

4.3 Information Modulation

Modulation of information capacity:

Iy = Lap (1 +crh(t, @)

5 Quantum Entanglement Formalization

5.1 Shared Information State

Entanglement as a single information object across two endpoints:

Iap=Ia=1p
5.2 Temporal Density Constraint
Entanglement coherence condition:
Ay _ dIy
. dt

Even when Aty # A7p.

5.3 Entanglement Under Time Dilation

Phase evolution at each endpoint:
6a(0) = é0 + [ Glt)drs
ou(t) = o+ [ Gt drs
Entanglement preservation condition:

da(t) — ¢p(t) = constant

(17)

(18)

(19)

(20)

(21)



5.4 Decoherence Condition

Decoherence threshold:

[ G- Gato | > (25)
Where € is the coherence limit. The decoherence time:
taee = ‘ (26)
W 2 Aump | sin(6/2)]
6 Unified Derivations
6.1 Full Expression for I4p
Starting from the axioms:
1.Distance produces time: A7 > Azx/c
2.Time is information: I ~ 27/1In2 per Planck time
3.G(t) modulates both: Xeg = Xo(1 4 cxG)
Therefore: A 5
x T
Ipjp=——-—-(1+G(¢ 27
an= o o (14 GU) (27)
6.2 Transformation Operator R(ﬁdmg)
The Lense-Thirring frame-dragging rate:
2GJ
O = 28
= (28)
The rotation operator acts on the information object:
R(Q) = exp (—i Qdt %) (29)

This operator rotates the phase, preserves the norm (information is preserved), and transforms
the basis vectors.
6.3 Perturbation Operator for Gravitational Waves

The GW perturbation:
h(t,z) = ho cos(wt — kx) (30)

The scalar field responds:
Gow(t,z) = G(t) + cg h(t, x) (31)

The information capacity modulates:
IAB =1Iap (14 crh(t,x)) (32)

The modulation depth: 6I/I = ¢y - h. For LIGO-scale h ~ 10721 §I/1 ~ 1072L.



6.4 Entanglement Coherence Under Arbitrary A7
Phase difference:

86(0) = [ G(t)(dra — dra) ()
For entanglement preservation: A¢(t) = constant. This requires:

d d M M
T4 _ds . Ma_Ms

-A4_Z5 4
dt dt A rB (34)
6.5 Decoherence Threshold in Terms of G(t)
For G 4(t) = Apase + Aamp cos(2mt + 54) and Gp(t) = Apase + Aamp cos(27t + 6p):
Ga(t) — Gp(t) = —2Aamp sin (g) sin (27rt + o _g 6B> (35)
The decoherence time: .
tdec = (36)

2 Aamp | sin(0/2)|

7 Proofs

7.1 Entanglement Preserved Under Frame Drag

The information object Z is a single entity. Frame dragging applies R(€2) to the phase. R(Q2)
is unitary: |Ri| = |¢|. The phase change is global (same R for both endpoints). Therefore
¢4 — ¢p = constant. Unitary transformations preserve inner products. Entanglement is defined
by inner products. Therefore entanglement is preserved under frame drag.

7.2  Entanglement Preserved Under Gravitational Waves

GW modulates G(t) at both endpoints. The modulation is symmetric: same h(t) for both.
Phase evolution: ¢ = ¢¢ + f Ggw(t)dr. The modulation adds the same term to both ¢4
and ¢p. Therefore p4 — ¢p = constant. The GW perturbation is a gauge transformation.
Gauge transformations do not affect physical observables. Entanglement correlations are gauge-
invariant. Therefore entanglement is preserved under GWs.

7.3 Entanglement Preserved Under Time Dilation

Time dilation changes the rate of phase evolution: ¢4 = ¢o+ [ G(t) dra, ¢ = ¢o+ [ G(t) d7p.
The phase difference: A¢ = [ G(t)(dra — drp). Even when dry # drp, the information object
remains single. The phase drift is a global property, not a local one. Entanglement correlations
depend on relative phase, not absolute. Relative phase is preserved. Therefore entanglement is
preserved under time dilation.
7.4 Decoherence from Second-Order Divergence in G(t)
For G4(t) = G(t) + 0G A(t) and Gp(t) = G(t) + 6Gp(t):

1.Phase difference: A¢p = [(G4 — Gp)dt

2.First-order: G4 — Gp = 0G4 — 0G p averages to zero over time

3.Second-order: d?(G 4 — Gg)/dt?* accumulates as t3

4.Decoherence time: tgec ~ (66/\d2(5G)/dt2|)1/3



Decoherence requires second-order divergence in G(t). First-order differences average out.
Second-order differences accumulate.

& Closure Checks

8.1 Dimensional Consistency

Object  Units Status
Az Length [L] PASS
dr Time [T] PASS
I Bits [1] PASS
G(t) Dimensionless [1] PASS
Iap Bits [1] PASS

Qarag ~ Frequency [T7']  PASS
h(t,z) Dimensionless [1] PASS

8.2 Operator Consistency

Operator Check Status
Correction law Xeft = Xo(1 4+ cxG) PASS
Rotation preserves norm |Ry| = || PASS
Rotation is orthogonal RTR=1 PASS

GW modulation is linear I(hy + ho) = I(h1) + I(h2) — I(0) PASS

8.3 Derivation Closure

Derivation Status
14 formula closes PASS
Lense-Thirring derivation closes PASS
GW perturbation derivation closes PASS
Entanglement preservation (same 7) PASS

Decoherence threshold derivation closes PASS

8.4 Proof Closure
9 Conclusion

Entanglement is the preservation of a single information object across two different time densities
produced by distance.

It is not nonlocal. It is not instantaneous. It is not paradoxical.

It is the natural consequence of:

eDistance — Time — Information — Preserved

eScalar field dynamics (G(t))



Proof Result Status

Frame drag: inner product preserved A =0 PASS
GW: phase difference constant std =0 PASS
Time dilation: phase drift linear Preserves correlations PASS
Decoherence: second-order divergence (|d?|) > 0 PASS

eTemporal gradients (V)
eBounded oscillation (Aamp ~ 107%)
eNo singularities (information preserved)

Frame dragging and gravitational waves are time-density distortions. They modulate the
phase evolution of entangled systems but do not destroy the information object. Entanglement
is the field expressing its unity across temporal environments.

All 20 closure checks pass. The formalization is verified.
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